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ABSTRACT

Let £ be a nonempty bounded closed convex separable subset of a
reflexive Banach space X which satisfies the Dominguez — Lorenzo condition.
The objective of this thesis is to show that every multivalued nonexpansive and
I - y - contractive nonself mapping 7:E—>KC(X) which satisfies the
inwardness condition (7x C 7, (x) for all x € E) has a fixed point. All
uniformly nonsquare Banach spaces with property WORTH as well as all spaces
X with & 5 (X) <1 satistfy the Dominguez — Lorenzo condition, and each Banach
space that satisfies the Dominguez — Lorenzo condition always has weak normal
structure. Thus the main result extends a corresponding result obtained recently
by Dominguez and Lorenzo. Following the proof of the above result, we obtain a
common fixed point of nonexpansive commuting mappings ¢:E—> E and
T:E—>KC(E) where E 1is a nonempty bounded closed convex subset of a
uniformly convex Banach space.

Furthermore, @ we demonstrate a relationship between the weakly
convergent sequence coefficient WCS(X) and the Jordan-von Neumann constant
C,,(X) of a Banach space X. Using this fact, we prove that if C,,(X) 1s less
than an appropriate positive number, then every multivalued nonexpansive
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mapping 7:E—>KC(E) has a fixed point where E 1is a nonempty bounded
closed convex subset of a Banach space X and KC(E) is the class of all
nonempty compact convex subsets of £ .
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